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Cau 1. (2 diém)

a) Giai phuong trinh luong gidc 2sin® x+cos2x =sin x

1-cos2x

b) Tinh lim, ;==
X

Cau 2. (2 diém)

a) Trong mot mon hoc, thay gido c6 20 cau hoi khac nhau gom 5 cau kho, 5 cau trung
binh va 10 cau dé.Ttr 30 cau hoi d6 cd thé lap duwoc bao nhiéu dé kiém tra,mdi dé
gdom 5 cau hoi khac nhau,sao cho trong mdi dé nhat thiét phai c6 du ca 3 cau ( kho,
dé, Trung binh) va s& cau dé khong it hon 2? (Khong tinh dén thi tw cic cau trong
de)

b) Tim hé s6 caa x° trong khai trién da thiec ctia: 2x(1+x)’ +x2 (1-2x)"

Cau 3. (2 diém)

Tinh gia tri nho nhét ; gid tri 16n nhat caa S = (IimH0 M] _8i +3 véi ae [% ;1}
X a

Cau 4. (1 diém)

Cho hai day {u,} va {v,} thtaman u, =Lv,=6 va u,=u_,+n°; v, =V, , +n(n*+3n+2)
4

v6imoi n>2. Tinh lim-2

Cau 5. (3 diém) Cho hinh chép S.ABCD c¢6 day la hinh chit nhat, AB=a, AD=2a.

Hinh chidu cta S 1én m4t phiang (ABCD)la trung diém H cta BC, SH =a.

a) Tinh géc gitta hai duong thang SB va HD
b) Tinh géc gifta duong thang HD va mit phang (SCD).
c) Goi Ola diém trong khong gian thoa man OS =0OB =0D =OH. Tinh d¢ dai OS



HUONG DAN CHAM 11A1
Caul:

a) Tacd 2sin® x+cos2x =sin x
& sinx(2sin? x—1)+cos2x =0
< SiNX.c0S2X+€0s2x =0
< cos2x(sinx+1) =0

2x=" 4k
cos2x=0 T,
=1 = (kel)
sinx=-1 -
X=—+2Kkxr
2
_ 1 9cin2 . 9 . 2
b) Tacé 1 co§2x:1 @ 223In x):25|n2x:_. sin x
5X S5X 5X 5\ X
. 1-cos2x 2
Vay lim _,———=—
y x—0 5X2 5
Cau 2:
a) Ta xét ba truong hop sau:

TH1: 1 cau khé; 1 cau khg; 3 cau dé: CL.CL.C2
TH2: 1 cau khé; 2 cau kh4; 2 cau dé: CL.C2.C2
THI1: 2 cau khé; 1 cau kh4; 2 cau dé: C2.CL.C2
Vay s6 cach chon la CICICE +C2CIC2 +CiC2Ch

b) Ta sé tim hé s6 ctia X° trong 2x(1+X)° va x*(1-2x)"

Ta thay hé s6 ctia x° trong 2x(1+ x)° sé bang hai [an hé s& cta x* trong (1+x)°.

5 . .
Ta cd (1+x)° =D Cix' = hé s6 cia x* trong (1+x)°la C =5
i—0

Nhw vay hé s6 ctia x° trong 2x(1+x)°1a 10.
Ta thdy hé s6 ctia x° trong x*(1—2x)" sé bang hé s6 cia x’trong (1-2x)"° va bang
C170'(_2)3

Vay hé s8 cia x° trong 2x(1+x) +x* (1-2x)" 1a 10+ CJ.(-2)°

Cau 3:



(a+x)—a _lim 1 1

% x(a+x++/a) 0 Jatx+va  24a

Nhuw vay S =L—i+3véi ae[%;l}

2/a 8a

ba t——t te‘il 2}

2\a

e t? . 1
Khi @6 S=t—5+3 voite 5,2

Taco lim, =1lim,

Jarx-a

Xét bang bién thién cta ham s6 bac hai theo t, ta c6 max S :3+%<:>t =l a:%;

minS:3<:>t:2<:>a:i
16

Cau 4:
Taco U, =, +1° =U,, +(N-1°+n*=..=1"+2° + 3 +..+n’ =w
Ta co:

v, =V, +n(n+D)(n+2)=v, ,+(n-Dn.(n+D)+n(n+1)(n+2)=..=1.2.3+2.3.4+3.45+...+n(n+1)(n+2)

Xét 4v, =1.2.3.4+2.34(5-1)+3.45.(6-2) +...+n(n+1)(n+2)[n+3—(n-1)]
=1.234+2345-1.234+3.456-2345+..+n(n+1)(n+2)(n+3)
=n(n+1)(n+2)(n+3)

Vv v _n(n+1)(n+2)(n+3)
y n— 4
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a)

b)

Goi N 1a trung diém AD. Khi d6 ta c6 BN //HD.
Nhu vay (SB; HD) = (SB; BN)

Ta c6 tam gidc SBN 6 SB=+/SHZ+BH? =a+/2
BN =+ AB2+ AN2 =a/2; SD =+/SH?+ HD? = a+/3

SB*+BN?-SN?  a’ 1

Ta cd cosSBN = = ;==
2SB.BN 22a° 4

Suy ra (SB;HD) = arccos%

Ké HK L SC.
Vi SH L CD;BC L CD =>CD L (SHC)

Suy ra HK L CD. Lai ¢6 HK L SC nén HK L (SCD). Suy ra K la hinh chiéu cua
H trén (SCD).
Nhu vay goc gitta HD va (SCD) chinh la goc gitta HD va DK .

Vi tam giac SHC vuong; HK 1a dwong cao ting véi canh huyén nén

L _ L 12:>H|<=i=—""‘/E

HK? SH? HC 2 2
. y A A HK 1
Ta c6 tam giac HKD vuong ¢ Knén tan HDK “ID "2

Nhu vay gbc gitta HD va (SCD)1a arctan%

Ta thdy O chinh la tdam mét cau ngoai tiép hinh chop S.BHD
Do SH L (BHD) nén diém O duwoc xac dinh nhw sau:
+) Goi I 1a tdm dwong tron ngoai tiép tam giac BHD. Dyng truc cua tam giac

BHD (qua | va vudng gdc v6i mat phang (BHD))
+) LAy Otrén truc sao cho OD = %H—S
Goi Rla ban kinh duong tron ngoai ti€p tam giac BHD . Khi d6

2
SO =/OD2+DI? = ‘/a?+ R?
_ BH.HDBD aav2a/5 a*v10 a+10

Tacd R

2
S, T 2
4
a1l

Vay SO =12
Ay 2



